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1. To 0pLo MOAUWVURLKAC GUVAPTNONG

fr)=ax"+a,_x" '+ +ax+a

0TV TO x TELVEL OTO ATELPO EXEL WC OTOTEAEGHA TO 400 ] —00 avaAoya e

T IPOGN O TOU peyauTepou e Pabpo 0pou. ZUYKEKPLUEVQ,
O lim f(x)= lim (@ " +a,_x" '+~ +ax+a) = limax" e
X—+00 xX—>+00 x—+00
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@ lim f(x) = lim (@, x" +a,_(x" '+ +ax+ay) = lim a,x"

X——00 X—+00 X—>—00

ue ouvlnkn a, # 0 kav n € N. To oplo lim a,x™ Siapoponoteital,
X—+00

OTIWC KAl TOPOTTOVW, AVOAOya LE TNV TLUN TOU A

» yoa > 0 kaun dpriog lim a,x™ = +oo, . lim 7x* = o0
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1.  To oplo pnTnC ouvaptnong

P(x) a,x"+a,_(x" 1+-+ax+a
Q(x) byx*+b_x* 14+ -+ bx +a

urtopel val fpebet e tn xprion Vo MPAKTLKOU Kavova TapOUOLOU E AUTOV

TOU TTOAUWVULOU. ZUYKEKPLUEVQ,
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ue ouvOnkn Q(x) # 0 kawn, k € N. Me alha AoyLa, To 0pLo TG pNTNG
ouvaptnon¢ koBoplletal amo Touc peytotofaduLouc 6pouc Tou aplBuntn
KaLL TTOLPOVOULOLOTH.
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AUon: Kat’ apynv Ba Bpoupe to medio oplopou tn¢ cuvaptnonc. H urtopln
MoooTNTO TMPEMEL va eival Oetkn. YmoAoyiloupe tn Slokpivouoa Ttou
pwvipou x* —x+1, n omola elvar A= (-1)*-4-1-1=-3<0,
EMOUEVWC N mapootaon sival Betikn ywa kabe x € R kal apa 1o medlo
optopoU elvatl oho 10 R. Na x < 0, kaBwc 10 x TELWVEL OTO pElOV ATELPO,

EYOULE:

lim (xz—x+1)= lim x* = 0
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Na BpeBeito 6po lim (Vx2 +1 — Va2 + 2)

X —-+00



AUon: Ot umopllec moodtnte x% + 1 kat x° + 2 elvan Betikéc yua kade
x € R. Tuvenwc, to medlo 0pLopoU TNE Mopamavw cuvaptnong £lvat 0o To

R.Tw x > 0 kaBwc¢ 10 x TELVEL OTO +00 EXOUE

lim (\/x2 — x4+ ) = +00 — 00 — QnpoodlopLoTia.
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& Avn pilo elval TETpaywVLKN TOTE 1) 6u{UyNG TAPAOTAGN TOU @ + b ElvaLto a — b Kot
avtiotpoda, nhadt (a +b) - (a - b) = a* - b*
& Avnptla elvat tpitng Taéng Tne uopd)r']q (@ +b)ote n ouluyne maPAGTAGN ELVOIL TO
—ab +b% 6nhadh (a +b) - (a* —ab +b*) = a* + b’
! Av N pila elvat Tpitng Tagng TG Hopdng (a — b) TOTE n ouZuynq TOPAGTAGH ElVaLTO
a* +ab+b% 6nhadh (a-b) - (a* +ab+b?) = a*
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Abon: To medlo oplopoU TNG OUVOPTNONC TIPEMEL VO LKOVOTIOLEL TIG

0kOAOUBEC OYEODELC:

{25362 +3>0
x+4+0
n moootnta 25x% + 3 elvan mavta Betikd, ouvenwe apkel to x # —4.

Eropévwe, 1o mebio optopol sivat 10 R —{—4}. To x telvel oto +oo,

ouveEnwWE ylo x > 0 €xoue:
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Na Bpebet o opto
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AUon: MNa va €YeL vonua n ouvaptnon to unopllo MPEMeL va elval BeTIKO.
YUVENWC, umooyiZoupe tn Slakpivousa tou TpLwvUpoU 2x° + x + 2 ka
éyoupe: A =1%-4-2-2=-15<0, énetat, Aowdv, OTL n mapdotaon
elvat Betikn yio kabe x € R kaw apa to medlo oplopou elvat 0Ao 10 R. MNa

x < 0, kKaBwg TO X TELVEL OTO —00, EYOUE:
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Na Bpebel to oplo
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Auen: To medlo oplopoU e ouvaptnone evat 10 R. To 0plo e
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* Na Bpedci to oplo
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Na Bpelsi to opto
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AAyeBpa yiLo vor apoulLE TNV armpoodloploTia




AAyeBpa yiLo vor apou e TNV arnpoodloploTia
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* Na Bpedsi to optlo
3x—2
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Na Bpelsi to opto
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AAyeBpa yio va apoule tnv arnpoodloplotio
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* Na Bpedsi to optlo
« lim (3x3 —17x%)
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 AUon
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* Na BpeOei to 6pLo
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* Na Bpebel to OpLO
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